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It is a melancholy experience for a professional mathematician to
find himself writing about mathematics. The function of a
mathematician is to do something, to prove new theorems, to add to
mathematics, and not to talk about what he or other mathematicians
have done. Statesmen despise publicists, painters despise art-critics,
and physiologists, physicists, or mathematicians have usually
similar feelings: there is no scorn more profound, or on the whole
more justifiable, than that of the men who make for the men who
explain. Exposition, criticism, appreciation, is work for second-rate
minds.
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Quite different is the view taken by the “formalists.” They do not
attribute an intuitive reality to mathematical objects, nor do they
claim that axioms express obvious truths concerning the realities of
pure intuition; their concern is only with the formal logical

procedure of reasoning on the basis of postulates. This attitude has a
definite advantage over intuitionism, since it grants to mathematics
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all the freedom necessary for theory and applications. But it imposes
on the formalist the necessity of proving that his axioms, now
appearing as arbitrary creations of the human mind, cannot possibly
lead to a contradiction.
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At that time, any geometrical system not absolutely in accordance
with Euclid’s would have been considered as obvious nonsense.
Kant, the most influential philosopher of the period, formulated this
attitude in the statement that Euclid’s axioms are inherent in the

human mind, and therefore have an objective validity for “real”
space.
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We interject here, before giving our proofs, an interesting historical
note. Shortly before 1928, a student of the Danish mathematician J.
Hjelmslev, while browsing in a bookstore in Copenhagen, came
across a copy of an old book, Euclides Danhs, published in 1672 by
an obscure writer named Georg Mohr. Upon examining the book,
Hjelmslev was surprised to find that it contained Mascheroni’s
discovery, with a proof, arrived at 125 years before Mascheroni’s
publication. Now on to our propositions.
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